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Preliminaries

. Based upon on-going talks and initial
research with Masahico Saito

. Result is folklore ... maybe 20 years old
. There are lots of adjectives in the definition
e The point, then, is to describe the adjectives.
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A O-morphism is also called an object. A
1-morphism between a pair of objects is called a
(single) arrow. In general, a k-morphism will be
also called a double, triple, or quadruple arrow,
for the obvious values of k. An overly simplistic
definition of a really small n-category is that it is
a category in which the set of morphisms between
(n — 1)-morphisms is a category. Composition is
associative, and there are identity n-morphs.
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Assoc.

gof }

{d<LC<—a :[d&béa].

Id. Va € Obj 4 an arrow a—a s.t.

(bbéa):(béa):(béaa).
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Iz € Obj.

o —— .
def (+)k = (+)k71 o e,
Of course, (o)) = — =z— .

N ={0,1,2,...}, in unary notation. This is
the free monoid on a single generator.
Call (z +— x) rock.
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Right cusp [Y g]:

(leN)oy(Ual) 5 ().
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In a moment, I'll let you know in what way these
are isoms. That they are isoms, is what I am
calling strictly 2-pivotal. First, let’s examine
how to 2-compose.
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left cusp down.: YL right cusp down: Y g. def left
CuSp up: AP =v7 L mght cusp up AR = Y;zl
Assert Af =y and AT =Y, R are inverses:
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are the identity 3-morphisms on their
(coincident) sources and targets.
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Theorem

The naturally monoidal, strictly 2-pivotal, weakly
3-pivotal, rotationally commutative strictly
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OK. So now here is the sketch of the proof.
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Thank you

That’s my story. And I am sticking to it. Thank
you! Congratulations, Jim!



